In this paper we treat some problems which arose in [8] . We investigate a semiFredholm operator T acting on a complex Banach space X which satisfies f*) n> j T" (X) =
Throughout this paper let X denote an infinite-dimensional complex Banach space and let C(X) denote the Banach algebra of bounded linear operators on X.
For T <E £(X) set a(T) = dim N(T) and 0(T) = codimT(X), where N(T) is the kernel and T(X) the range of T. Define the generalized kernel JC(T) and the generalized range TZ(T) to be the subspaces

K(T) = (J N(T n ), H{T) = p| T n (X).
n>l n>l
Write <f+(X) = {T e C{X): a(T) < oo and T(X) is closed}, Observe that T(X) is closed if T G $-(X) [3, Satz 55.4], tf>±(X) = <f + (X)U <£_(X) is the set of semi-Fredholm operators on X, while $(X) = i>_(X) is the set of Fredholm operators in C(X). If T € $±(X), ind(T) = a(T) -P(T), a finite or infinite integer is called the index of T. Let T e £(X) be arbitrary. The sequence N(T),N(T 2 ),N(T 3 ),... is increasing, while T(X),T
2 (X),T 3 (X),... is a decreasing sequence of subspaces. Define p(T), the ascent of T, to be the smallest integer n > 0 such
or oo if no such n exists. Define q(T), the descent of T, to be the smallest integer m > 0 with T m (X) = T m+1 (X) or oo if no such m exists. PROPOSITION 
Let T G $±(X).
Then there ism 6 N such that
Proof, (a) is contained in the proof of [3, Ililfssatz 72.7] .
(b) Let m be the integer in (a). We prove by induction that (b) holds. If k = 0 we are done. Now suppose that
IfT is a semi-Fredholm operator on X, then 
PROPOSITION 3. If Te then K(T) = 7Z(T).
Proof. By Proposition 2, K(T) is closed and T{Tl{T)) = K(T). From [7, Proposition 2] we derive K(T) C K{T). Since K(T) C K(T), we get K(T) = K(T). u PROPOSITION 4. Suppose that T E
The following assertions are equivalent: 
PROPOSITION 5. Suppose that T G $±(X). The following assertions are equivalent:
(a) T* has the SVEP in 0. These results and the results of J.K. Finch [2] concerning semi-Fredholm operators allow us to deduce the dual statement to Theorem 2 omitting its proof. 
If one of these assertions is valid, we have T e $-(X), j3(T) < a(T), 7Z(T) = T" (t) (X) and q(T -XI) = /3(T -XI) =
Pw(T) = {A G *(T) : ind(A/ -T) = 0}. The Weyl spectrum <t w (T) of T is defined by a W (T) = C \ pw(T).
It is well known that £(T), $(T), pw{T) are open and a w {T) C cr(T).
THEOREM 1. Let T € C(X) be given and suppose that 7Z(T) = {0}. Then
(g) q(T -XI) = 00 for all X e a{T) \ {0}. (h) T is nilpotent if and only if q(T) < 00.
Proof, (a) is clear since K(T) C Tl(T). (b) For A # 0 we have N(XI -T) C 7l(T). (c) follows from (b). (d) If 0 e S T (x) then x G K(T) =
